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In a recent attempt to formalize a simple aspect of the notion “robustness in pars-

ing” [7, 8, 9, 10], I needed the concept of fuzzy context-free grammar. So the ques-

tion “What is known with respect to fuzzy analogues of automata, grammars and

formal languages?” arose naturally. Scanning the titles of several thousands papers

on fuzzy sets, fuzzy logic and their applications (in almost every area) yielded about

a 160 articles on this fuzzy counterpart of formal language theory.

The result of this scanning process is listed below: the list consists of references

on fuzzy formal languages, the generation of fuzzy languages by means of fuzzy

grammars, the recognition of fuzzy languages by fuzzy automata and machines, as

well as some applications of fuzzy set theory to syntactic pattern recognition,

linguistics and natural language processing.

Fuzzy grammars should not be confused with probabilistic grammars, although

both formalisms are instances of the more general notion of so-called weighted

grammars [108, 77, 129], i.e., grammars in which the production rules have been

provided with weights. Roughly, the differences between fuzzy and probabilistic

grammars are as follows.

A fuzzy grammar generates a fuzzy language, i.e., a language for which the

boundary between in and out the language is “soft” or rather gradually. So in this

framework we are able to distinguish between strings that are more and less out of

(the crisp part of) that language, e.g., between severe and small grammatical errors,

respectively. On the other hand, a probabilistic grammar is an ordinary grammar

in which the set of rules has been provided with a probability distribution in order

to control the derivation process. One of the main objectives in this latter approach

is to cope with ambiguity by means of the distinction between more and less prob-

able derivations. Obviously, the difference between fuzzy and probabilistic gram-

mars is reflected in the corresponding acceptors. A fuzzy automaton, machine or

parser computes the degree of membership of the input string. Similarly, a proba-

bilistic automaton, machine or parser determines the most probable computation or

derivation, respectively, corresponding to the input.

Secondly, the underlying mathematical models differ: viz. probabilistic gram-

mars are due to the constraint that the sum of the probabilities for all rules with the

same left-hand side should be equal to 1. On the other hand there is no such nor-

malization constraint for fuzzy grammars. Usually, weights are real numbers in

between 0 and 1. Since fuzzy grammars can be defined in terms of fuzzy sets, the

set of possible weights in fuzzy grammars (i.e., the interval [0, 1]) may be replaced

by a much more general structure (e.g., a distributive complete lattice [34]). Such a

generalization for probabilistic grammars is highly uncommon.
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In defining a context-free language parsing or recognizing algorithm to be

robust, the algorithm should be able to manage input strings that, on the one hand,

are not in the language but, on the other hand, closely resemble a string in the

language. One obvious way to describe those input strings is, of course, by means of

a (generalized) fuzzy context-free grammar. This results in a framework in which

correctly derived sentences as well as the effect of grammatical errors can be

described in a uniform fashion; see [7, 8, 9, 10] for details.

The items in this bibliography are divided − according to their title − into the

following categories:

A automata, sequential machines, other accepting devices such as

cellular automata and neural networks 58

B (general) bibliography on fuzzy sets and their applications 7

F (general aspects of) fuzzy formal languages 35

G grammars, rewriting systems, other generating mechanisms 30

L linguistics, natural language processing 61

P (syntactic) pattern recognition 16

Z miscellaneous 13

The last column in this table contains the number of papers put into this category;

some papers are placed in more than a single category.

Earlier bibliographies included in the list below are those by de Kerf from 1975

[53], Gaines & Kohout (1977) [30], Kandel & Yager (1979) [50], Kaufmann (1980)

[51], Kandel (1982) [48], Novák & Ramı́k (1991) [94], and by Klir & Yuan (1995)

[59]. The differences with the bibliography below are obvious: the list below also

contains some more recent contributions, but its scope is limited to the areas men-

tioned above.

My impression is that this bibliography is rather complete with respect to the

categories [A], [F] and [G], less complete with respect to [L], whereas [P] just con-

tains some papers I encountered occasionally during my search. Most references are

rather old: the average age of these papers is about 17 years! In recent years the

interest in fuzzy formal language theory seems to be rather limited and it slightly

tends towards applications in linguistics; viz. the average ages in the categories [A +

F + G] and [L] is 18 and 151⁄2 years, respectively. Anyway, additions to this list −
consisting of either old or, especially, recent contributions − are very welcome.
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67, Közlemények, Budapest. [A, G]

102. K. Peeva: Behaviour, reduction and minimization of finite L-automata, Fuzzy

Sets Syst. 28 (1988) 171-181. [A]

103. K. Peeva: Fuzzy acceptors for syntactic pattern recognition, Int. J. Approx.

Reason. 5 (1991) 291-306. [A, P]

104. N. Prasad, M. Mahajan & K. Krithivasan: Fuzzy L-systems, Int. J. Comp.

Math. 36 (1990) 139-161. [G]

105. T.J. Procyk & E.H. Mamdani: A linguistic self-organizing process controller,

Automatica 15 (1979) 15-30. [L, Z]

106. B. Rieger: Fuzzy structural semantics − On a generative model of vague natural

language meaning, in: Proc. 3rd Eur. Meet. on Cybern. Syst. Res. (1976),

Vienna. [L]

107. R.D. Rodman: The study of fuzzy islands within the framework of transforma-

tional generative grammar (1973), Ph.D. Thesis, Univ. of California, Los

Angeles. [G, L]



194 P.R.J. Asveld

108. A. Salomaa: Probabilistic and weighted grammars, Inform. Contr. 15 (1969)

529-544. [F, G]

109. E. Sanchez: On truth-qualification in natural languages, pp. 1233-1236 in:

Proc. 1978 Int. Conf. on Cybern. and Soc. (1978), Vol. 2. [L]

110. E.S. Santos: Maximin automata, Inform. Contr. 13 (1968) 363-377. [A]

111. E.S. Santos: Maximin, minimax, and composite sequential machines, J. Math.

Anal. Appl. 24 (1968) 246-259. [A]

112. E.S. Santos: Maximin sequential chains, J. Math. Anal. Appl. 26 (1969) 28-38.

[A]

113. E.S. Santos: Maximin sequential-like machines and chains, Math. Syst. Th. 3

(1969) 300-309. [A]

114. E.S. Santos: Fuzzy algorithms, Inform. Contr. 17 (1970) 326-339. [Z]

115. E.S. Santos: Max-product machines, J. Math. Anal. Appl. 37 (1972) 677-686.

[A]

116. E.S. Santos: On reductions of maximin machines, J. Math. Anal. Appl. 40

(1972) 60-78. [A]

117. E.S. Santos: Fuzzy sequential functions, J. Cybern. 3 (1973) 15-31. [A]

118. E.S. Santos: Context-free fuzzy languages, Inform. Contr. 26 (1974) 1-11. [G]

119. E.S. Santos: Max-product grammars and languages, Inform. Sci. 9 (1975) 1-23.

[F, G]

120. E.S. Santos: Realization of fuzzy languages by probabilistic max-product and

maximin automata, Inform. Sci. 8 (1975) 39-53. [A, F]

121. E.S. Santos: Fuzzy automata and languages, Inform. Sci. 10 (1976) 193-197. [A,

F]

122. E.S. Santos: Regular fuzzy expressions, pp. 169-175 in: M.M. Gupta,

G.N. Saridis & B.R. Gaines (eds.): Fuzzy Automata and Decision Problems

(1977), North-Holland, New York. [F]

123. E.S. Santos & W.G. Wee: General formulation of sequential machines, Inform.

Contr. 12 (1968) 5-10. [A]

124. K.J. Schmucker: Fuzzy Sets, Natural Language Computations, and Risk

Analysis (1983), Computer Science Press, Rockville, Md. [L, Z]

125. M. Schneider, H. Lim & W. Shoaff: The utilization of fuzzy sets in the recogni-

tion of imperfect strings, Fuzzy Sets Syst. 49 (1992) 331-337. [G]

126. D.G. Schwartz: A system for reasoning with imprecise linguistic information.

Int. J. Approx. Reason. 5 (1991) 463-488. [L]

127. E. Shaket: Fuzzy set semantics for a natural-like language, in: Proc. Symp. on

Fuzzy Set Theory and Appl., IEEE Conf. on Decis. and Control (1977), New

Orleans. [L]

128. C. Shang-Yong: Fuzzy tree grammar and fuzzy forest grammar, pp. 149-179 in:

P.P. Wang (ed.): Advances in Fuzzy Sets, Possibility Theory, and Applications

(1987), Plenum, New York. [G].

129. D. Stanat: A homomorphism theorem for weighted context-free grammars, J.

Comp. Systems Sci. 6 (1972) 217-232. [G]

130. I. Steinacker: Interpretation of word association statistic in natural language

text by means of fuzzy set theory (1978), in: Colloq. Int. Théorie et Appl. des
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